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Hardy, Littlewood, and Pdlya proved in 1934 that for all integer 0 < k& < r
and all functions x(-) € L2(R) such that the (r — 1)-st derivative is locally
absolutely continuous on R and (")(-) € Ly(R) the following exact inequality
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holds. We consider the analogue of this inequality for functions which are
analytic in the strip Sz ={z € C: |Imz| < §}.
Denote by H§ the Hardy space of functions f(-) analytic in the strip Sg
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and satisfying the condition
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The Hardy-Sobolev space 7—[;’5 is the space of functions f(-) analytic in the
strip S for which f0)(-) € H§ Denote by p,g(x) the unique solution of the
equation t"+/ch 2t = x from the interval [0, +00).

Theorem. For all v,k € N, k <r, and v,y >0

2
sup ey = v (2

f(~)€“fl£”3ﬂL2(R)
st <~>||Hﬁ<m
1O () <2

In other words, for all functions f(-) € H;’ﬁ N Lz(R) which are not equiv-
alent to zero the following exact inequality
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holds.
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